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Let E ⊂ [0, 1]d, d ≥ 2 and consider

Dφ
t (E) = {(x, y) ∈ E × E : φ(x, y) = t}.

We shall see that under some regularity assumptions on the function φ , the upper Minkowski dimension of Dφ
t is less than

or equal to 2dimH(E) − 1 provided that the Hausdorff dimension of E is sufficiently large. We will also discuss connections
between this inequality and the Falconer distance problem.
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